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Abstract. The earing profile of cylindrical cups is mainly dictated by the in-plane anisotropic 
behavior of the metal sheet. Nevertheless, for materials with a strong anisotropic behavior the contact 
conditions between the blank and the blank-holder can also affect the material flow due to the non-
uniform distribution of the contact forces. The main objective of this study is to numerically assess 
the influence of the friction conditions on the cup earing profile using the AA3104 aluminum alloy. 
The strong anisotropy of the r-values of this material leads to a non-uniform thickness distribution 
along the circumferential direction of the flange, resulting in increased thickening in the transverse 
direction. The effect of the friction coefficient on the earing profile is approximately 4 times larger in 
the transverse direction than in the rolling direction. 

Introduction 
The anisotropic behavior of the materials used in deep drawing operations leads to the formation 

of ears in cylindrical cups. The earing profile is mainly dictated by the in-plane anisotropy, i.e. the 
in-plane distribution of both the r-values and the yield stresses [1]. That is the reason the earing profile 
is commonly used to evaluate the performance of constitutive models, namely the yield criteria [2]. 
Nevertheless, it is consensual that the frictional contact conditions between the blank and the blank-
holder can also affect the material draw-in [3]. For example, in case of isotropic materials, an increase 
of friction leads to a cup with an increased height. In case of anisotropic materials, there is a non-
uniform distribution of the contact forces in the cup flange, which changes the material flow 
asymmetrically along the circumferential direction. Thus, the accurate prediction of the earing profile 
requires knowledge about the friction conditions in the flange of the cup. Increasing the friction 
coefficient will also yield a global increase of the cup height, but the change along the circumferential 
direction depends on the contact pressure distribution under the blank-holder. 

The main objective of this study is to numerically assess the influence of the friction conditions 
on the cup earing. The aluminum alloy AA3104 is adopted in the present analysis due to the highly 
anisotropic behavior defined by a strong in-plane variation of the Lankford coefficients (r-values). 
The material orthotropic plastic behavior is modelled with an advanced non-quadratic yield criterion, 
which is compared with the von Mises yield function. Additionally, different values of the friction 
coefficient are used in the classical Coulomb law. 

Numerical model 
The deep drawing of a cylindrical cup is the example selected in this study to highlight the effect 

of the contact conditions on the earing profile. The geometry of the forming tools is presented in Fig. 
1 (a), as well as the critical dimensions. The blank used has an initial thickness of 0.58 mm and a 
diameter of 76.2 mm and has mechanical properties of an AA3104 aluminum alloy. The forming 
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process comprises two phases: (i) closing of the blank-holder until attaining a prescribed force of  
6 kN; (ii) punch displacement of 25 mm (full drawing) while the blank-holder force increases linearly 
(0.085 kN/mm of punch displacement). 

The numerical simulations are performed with the in-house finite element code DD3IMP [4]. Only 
one-quarter model is simulated due to the geometry and material symmetry conditions. The forming 
tools are assumed rigid and modelled by Nagata patches [5], as shown in Fig. 1 (b). The friction forces 
between the forming tools and the blank are described by the classical Coulomb friction law, 
considering a constant friction coefficient. The blank was discretized with linear hexahedral finite 
elements, using two layers of elements through thickness, leading to a total of 13282 finite elements. 

 

  
 

(a) (b) 
Fig. 1: Definition of the forming process for a cylindrical cup: (a) main dimensions [mm] of the forming tools; (b) 

discretization of the forming tools using Nagata patches. 

The elastic behaviour of this aluminum alloy is assumed isotropic, considering the Young’s 

modulus E=70 GPa and the Poisson’s ratio ν=0.33. The plastic behaviour is modelled using an 
isotropic work hardening and is defined by the Swift law, given by: 

p
0( ) ,nY K  = +   (1) 

where p  denotes the equivalent plastic strain, while 0, andK n  are the parameters of the Swift law. 
The experimental true stress–equivalent plastic strain curve obtained from the uniaxial tensile test 
performed along the rolling direction was used to fit the parameters of the Swift law, which are listed 
in Table 1. 

Table 1: Parameters used in the Swift law to describe the hardening beahviour of the AA3104. 

Y0 [MPa] K [MPa] n ε0 
228.92 322.55 0.0453 0.000516 

 
The orthotropic behaviour is modelled by the yield criterion proposed by Plunkett et al. [6], 

commonly denoted as CPB06ex2. The equivalent stress is written as: 

( ) ( ) ( ) ( ) ( ) ( ) 
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where is  and is  are the principal values of the stress deviatoric component of the Cauchy stress tensor 
after one and two linear transformations, respectively. The isotropic parameters are a  and k , while 
the material anisotropy is defined by the parameters ijC  and ijC . The parameter k is equal to zero if 
the yield stresses in tension and compression are equal ( T C = ), which is assumed in the present 
study. The shape of the yield locus is defined by the exponent a, which is 8 in this study. Although 
Eq. (2) presents 18 parameters, it has been shown that the maximum number of independent 
anisotropic parameters of a 3D orthotropic yield criterion is 17. Thus, it is imposed that C11=1.0. In 
case of metallic, it is not possible to identify the coefficients related with the out of plane shear 
components, for which it is common to adopt the isotropic value of 1.0.  

The calibration of the remaining 13 anisotropy parameters was performed using the in-house code 
DD3MAT [7], which is based on the minimization of an error function that evaluates the difference 
between the experimental and predicted values. The set of experimental data used in the calibration 
of the anisotropy parameters comprises: (i) in-plane distribution of the yield stress and r-values 
extracted from uniaxial tensile tests performed in every 15º to the rolling direction; (ii) data from 
bulge tests; and (iii) data from disc compression tests. The obtained material anisotropy parameters 
are listed in Table 2. 

Fig. 2 presents the comparison between the numerical and experimental yield stresses and r-values. 
The AA3104 aluminum alloy presents a strong anisotropy of r-values, while being almost isotropic 
in the tensile yield stresses. Globally, the CPB06ex2 yield criterion allows a proper description of 
both yield stress directionalities and r-values. Numerical simulations were also performed 
considering a von Mises isotropic material with the same hardening behavior as the AA3104 alloy. 

Table 2: Parameters used in the CPB06ex2 yield criterion (a=8) to describe the anisotropic beahviour of the AA3104. 

C11 C22 C33 C44 C55 C66 C23 C13 C12 
1.0000 0.9498 1.1395 1.0000 1.0000 -1.2665 -0.0458 0.1658 -0.0424 
C’11 C’22 C’33 C’44 C’55 C’66 C’23 C’13 C’12 
1.0094 1.2407 0.0849 1.0000 1.0000 1.0655 0.1402 -0.4816 0.0094 

 

   
(a) (b) 

Fig. 2: Comparison between experimental and predicted: (a) initial uniaxial yield stress; (b) anisotropy coefficient. 

Results and Discussion 
The evolution of the predicted punch force evolution is presented in Fig. 3 (a) for three different 

values of the friction coefficient. An increase of the friction coefficient leads to a global increase in 
the punch force required to form the cup. The maximum punch force predicted for μ=0.2 is 
approximately 50% larger than the one predicted under frictionless (μ=0) conditions. On the other 
hand, the difference between an isotropic material (von Mises) and anisotropic is less than 7%, as 
highlighted in Fig. 3 (a). The blank-holder force evolution is presented in Fig. 3 (b) for the anisotropic 
material, highlighting the imposed slightly linear increase. The loss of contact between the blank and 
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the blank-holder occurs at approximately 20 mm of punch displacement. This value is slightly larger 
for larger values of friction coefficient, as highlight in the evolution of the force of both tools. 

 

   
(a) (b) 

Fig. 3: Effect of the friction coefficient and anisotropy on the numerical prediction: (a) punch force evolution; (b) blank-
holder force evolution. 

Assuming the material anisotropy defined in Fig. 2, an asymmetrical distribution of the contact 
forces between the blank and the blank-holder is expected. Fig. 4 (a) presents the distribution of the 
average normal contact pressure on the blank-holder along the circumferential direction, evaluated 
for three values of punch displacement. The largest values of normal contact pressure occurs in the 
transverse direction. Since the area of the flange decreases with the punch displacement while the 
total blank-holder force presents a slight increase, the average normal contact pressure increases 
during the punch displacement. Under frictionless conditions, the region with high levels of normal 
contact pressure is narrower. Also, the maximum value of the average normal contact pressure 
achieved is at least 50% higher than the one predicted for μ=0.2, evaluated for the same punch 
displacement. For the same value of punch displacement, the increase of the friction coefficient leads 
to a larger contact area of the flange, which decreases the normal contact pressure value. The 
distribution of the average tangential friction pressure on the blank-holder is presented in Fig. 4 (b) 
for 10 mm of punch displacement and compares three different values of friction coefficient. The 
location of the largest tangential friction pressure values is identical to the one observed for the normal 
contact pressure. Moreover, the values are proportional to the friction coefficient adopted. 

 

   
(a) (b) 

Fig. 4: Distribution of the contact pressure on the blank-holder along the circumferential direction: (a) average normal 
contact pressure for three values of punch displacement; (b) average tangential friction pressure for 10 mm of punch 

displacement. 

0

3

6

9

12

15

18

21

24

0 2.5 5 7.5 10 12.5 15 17.5 20 22.5 25

Pu
nc

h 
fo

rc
e 

[k
N

]

Punch displacement [mm]

μ=0.0 (isotropic) μ=0.0 (anisotropic)
μ=0.1 (isotropic) μ=0.1 (anisotropic)
μ=0.2 (isotropic) μ=0.2 (anisotropic)

0

1

2

3

4

5

6

7

8

9

0 2.5 5 7.5 10 12.5 15 17.5 20 22.5 25

B
la

nk
-h

ol
de

r f
or

ce
 [k

N
]

Punch displacement [mm]

μ=0.0 μ=0.1 μ=0.2

0

10

20

30

40

50

60

70

0 45 90 135 180 225 270 315 360

A
vg

 n
or

m
al

 c
on

ta
ct

 p
re

ss
ur

e 
[M

Pa
]

Angle from rolling direction [º]

Disp=5mm (μ=0.0) Disp=5mm (μ=0.2)

Disp=10mm (μ=0.0) Disp=10mm (μ=0.2)

Disp=15mm (μ=0.0) Disp=15mm (μ=0.2)

0

0.3

0.6

0.9

1.2

1.5

1.8

2.1

2.4

0 45 90 135 180 225 270 315 360

A
vg

 ta
ng

en
tia

l f
ric

tio
n 

pr
es

su
re

 [M
Pa

]

Angle from rolling direction [º]

μ=0.0 μ=0.1 μ=0.2

Key Engineering Materials Vol. 926 1191



 

The results presented consider a constant value for the friction coefficient. Nevertheless, it is 
known that the friction coefficient is affected by several parameters, such as the surface roughness, 
the amount of lubricant or the contact pressure. Moreover, the machining or finishing/polishing of a 
tooling surface as well as the rolling process of sheet metals can lead to an anisotropic surface 
roughness. Therefore, the magnitude and direction of frictional forces acting on a moving body can 
vary with the direction of sliding, affecting the formability. On the other hand, some authors have 
reported the reduction of the friction coefficient with the contact pressure [8,9]. Adopting an 
evolutionary law of that type will make the effect of the non-uniform contact pressure on the earing 
profile less significant, since the tangential friction pressure becomes more homogeneous.  

The asymmetrical distribution of the contact forces between the blank and the blank-holder affects 
the material flow. The predicted earing profile is presented in Fig. 5 (a) for different values of friction 
coefficient. Although the cup earing is predominantly dictated by the plastic anisotropy [1,10], the 
non-uniform contact force distribution changes the earing profile. Indeed, the influence of the friction 
coefficient on the predicted earing profile is significantly stronger in the transverse direction. 
Increasing the friction coefficient up to μ=0.2 leads to an increase of cup height of about 0.3 mm in 
the rolling direction and approximately 1.2 mm in the transverse direction, i.e., around 4 times larger. 
There is also a visible minor influence of μ on the earing profile: for frictionless conditions there is a 
small ear at 0º and none at 90º but, with the increase of μ the ear at 0º tends to disappear while a small 
ear develops at 90º. Fig. 5 (a) also shows that the cup height predicted for the isotropic material does 
not increase linearly with the friction coefficient.  

 

  
(a) (b) 

Fig. 5: Numerical prediction: (a) earing profile obtained for different values of friction coefficient; (b) thickness of the 
flange rim for three values of punch displacement. 

Since the flange of the cylindrical cup is under a circumferential compressive stress, the material 
flow leads to flange thickening. The predicted thickness of the flange rim is presented in Fig. 5 (b) 
for three values of punch displacement, showing its increase during the cup forming. The maximum 
thickening always occurs in the transverse direction, which leads to the higher values of normal 
contact pressure and increased friction forces in that zone (see Fig. 4). The non-uniform thickness 
distribution along the circumferential direction of the flange is a direct consequence of using a highly 
anisotropic material, namely the strong in-plane anisotropy of the r-value (see Fig. 2). Notice that the 
transverse direction is subjected to circumferential compression in the rolling direction, which is the 
direction having the lowest r-value. Comparing the frictionless condition with the situation using 
μ=0.2, the difference in the thickness distribution only occurs around the transverse direction, as 
highlighted in Fig. 5 (b). In fact, the rim thickness is larger under frictionless conditions due to the 
absence of friction forces.  
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(a) (b) 

Fig. 6: Ratio between radial strain and thickness strain evaluated in the flange rim: (a) effect of the friction coefficient in 
an isotropic material; (b) comparison of the strain ratio with the r-values estimated with the CPB06ex2 (anisotropic 

material). 

Fig. 6 presents the evolution of the ratio between the plastic strain along the radial and the thickness 
direction, evaluated in the flange rim from the numerical results. For the isotropic material, the strain 
ratio r t   in the flange rim is slightly higher than 1. This is a consequence of the deviation from the 
uniaxial compression imposed by the normal contact pressure. This ratio value increases with the 
friction coefficient, as shown in Fig. 6 (a) and highlights that the friction forces for μ>0 also 
contributes to the deviation from the uniaxial compression stress state. Considering the anisotropic 
material defined according to Fig. 2, the strain evolution was measured in three points located in the 
flange rim, namely in the rolling direction (RD), transverse direction (TD) and diagonal direction 
(DD). The estimated r t  values are in agreement with the r-values predicted by CPB06ex2. 
However, the behaviour of the rim in the direction defined by θ (to the RD) is controlled by the 
material compression properties in the direction defined by θ+90º [10]. Thus, the r t  evaluated in 
the RD is compared with the r-value at TD and vice-versa, as shown in Fig. 6 (b). Despite the non-
uniform distribution of the contact forces between the blank and the blank-holder (see Fig. 4), the 
entire rim is under uniaxial compression, as highlighted by the proper correlation between the 
estimated r t  values and the r-values. The irregular distribution of the contact forces along the 
radial direction (higher in the middle of the flange) leads to a negligible stress component in the 
thickness direction at the rim. Nevertheless, the material behaviour is affected by the adjacent region, 
whose stress states are influenced by the normal component, associated with the contact pressure with 
the blank-holder, and the shear component, resulting from the friction conditions. 

Conclusions 
The earing profile of deep drawn cylindrical cups is related to the anisotropic behavior of the 

metallic sheet. Nevertheless, the contact conditions between the blank and the blank-holder can also 
affect the material flow due to the non-uniform distribution of the contact forces in materials with a 
strong anisotropic behavior of the r-values. The influence of the friction conditions on the cup earing 
trend is numerically assessed in the present study for the AA3104 aluminum alloy. The severe in-
plane variation of the plastic anisotropy coefficient leads to an asymmetrical thickness strain 
distribution in the flange, promoting a non-uniform contact force distribution. The normal contact 
pressure and consequently the friction force are located mainly around the transverse direction. 
Therefore, the effect of the friction coefficient on the earing profile is more relevant in this direction. 
Indeed, the impact of the friction coefficient on the cup height is approximately 4 times larger in the 
transverse direction in comparison with the effect in the rolling direction. On the other hand, assuming 
material isotropy, the change of the friction coefficient leads to a simple shift of the earing profile. 
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